Geometric properties of the FF-curve
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List of symbols
e pafixed prime
e E/Q, finite extension (E.g. E = Q)
e O C E ring of integers (E.g. O = Z)
e 7 € Of uniformizer (E.g. 7 = p)
o F; = O /() the residue field of O (E.g. F})
e F=analgebraically closed cvf extension of F; with non-trivial non-archimedean

e

rank-1-valuation v (E.g. F = F,((T)), value group v(F*) = Q)
o O the ring of integers of F * (E.g. Of = F},[[T]]r)
e my the maximal ideal of Of
e @ € mp — {0} pseudo-uniformizer (E.g. @ = T € mp)
o k= Op/mp (Eg. k=F))

Further list of symbols, towards the schematic Fargues-Fontaine curve:
® Ains = Ainge r = Wo, (OF) = {Liso[xi]7' | x; € O} € Wo,(F)
* B = Aing[z i3] = {ER o[xil7' | xi € Esup; |xi| < 00} € Wo, (F)[7]°
e 0, the valuation associated tor € R "
e |- |, the Gauss norm ’
e B; the completion of B” with respect to valuations v, for all r € I °

e B = B(U,oo) 2

—
® P=Prrx = @aen Bo="
® X = Xg rx = Proj(Pg r,), the schematic Fargues-Fontaine curve

Further list of symbols, towards the adic Fargues-Fontaine curve:
e Primy = {x = Y¥[x]n" € Ay | x; € Op;x0 € mp\ {0}, x1,..., %51 €
mg, x4 € Of}. In particular,
Primp = {x = Z;‘io[x,-]n“ € Ains | X0 € Op} = Al
Prim; = {x = ¥2,[x;]7" € Ajs | xo € mp\ {0}, x; € Of}
= {[xo] + um € Ajns | xo € mp \ {0}, u € A} ;}
= {distinguished elements} \ {umr € Ajn¢ | u € A ;}
® [Y]jo,00) = {(d) C Ajx¢ | d is a distinguished element}
= {([xo] +um) C Aing [ xo € mp,u € Af i}
o [Y] = [Y]jp,00) \ {(71)}
Prim; /A

inf

{(C,1) | C/E non-arch, complete, alg closed, t : O ~ Of}
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